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polemic character, and base its construction on a non-polemic analy- 
sis, it can correct defects and join in this new construction. 

Chelsea, Mass. George A. Barrow. 



THE CKITICAL PHILOSOPHY AND THE THEOEY OF 

TYPES 

"DECENT developments in mathematical logic have brought to 
-*- ** light a number of weaknesses in the views traditionally main- 
tained by the Critical Philosophy. This is most notably true of 
Kant's somewhat inconsistent theories of space and time, and his 
notions with regard to infinity. It is safe to say that in these realms 
the contentions of the Critique of Pure Reason have been disposed 
of with what at least approaches finality. But important as such 
criticisms may be, it is clear that there is no need to regard them as 
more than matters of detail. The Critical Philosophy might well 
submit to revision in these as in other particulars, and yet refuse to 
admit that its essential position had been invalidated. It is cer- 
tainly true that the modern theory of the continuum, although it 
may lead us to abandon the doctrines of the Transcendental Esthetic, 
and of the Antinomy of Pure Reason, does not in any very obvious 
or immediate way upset the thesis that the understanding makes 
nature. But formal logic embodies an instrument whose scope goes 
far beyond any mere rectification in detail of the outlines of the 
Kantian Philosophy, and which casts the most serious doubt upon 
the central contention of the critical method. This instrument is 
the Theory of Types. 

The Theory of Types was devised by Russell and Whitehead as 
a basis for mathematical logic, in order to avoid the contradictions 
which are encountered in elaborating the theory of assemblages, and 
which seem to stand in the way of any rigorous exposition of the 
principles of mathematics. The theory is approached by the dis- 
cussion of a number of so-called "reflexive fallacies," such as that 
of Burali Forti. Stated in negative terms, the principle by which 
it is proposed to avoid these fallacies is that whatever involves all of 
a collection must never be a member of that collection. For the 
purpose of the present discussion there is no need to take up the 
technical development of the theory. Our interest is rather to point 
out its general relation to Epistemology. And of the cases cited 
by Russell, that which most immediately suggests epistemological 
considerations is naturally the paradox of Epimenides, where we 
have immediately a proposition about propositions. According to 
our negative principle the assertion that all Cretans are liars, if it 
is to be significant, can not be a member of the collection of asser- 
tions which are characterized by it. This condition is fulfilled by 
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importing the notion of the hierarchy of types, when it is pointed 
out that the significant assertion that all assertions made by Cretans 
are false must he of a higher type or order than the assertions which 
are thus described. That is to say, we impose a certain limitation 
upon the meaning of the word "all" as it is used in the assertion 
that all assertions made by Cretans are false by making it apply only 
to a certain determinate type of propositions, and not to all propo- 
sitions without any restriction whatever. So in general we see that, 
as Russell says, "whatever we suppose to be the totality of propo- 
sitions, statements about this totality generate new propositions, 
which on pain of contradiction must lie outside the totality. 1 

Now it would seem that the Kantian Philosophy is necessarily 
concerned with assertions about the totality of propositions. Kant 
defines the task of the Critique of Pure Reason as being to determine 
and define the realm of possible experience. And the realm of 
possible experience can be nothing but the realm of all experience. 
So it appears that we are here dealing with a totality. Further this 
is a totality of propositions. We find that for Kant experience always 
comes to us in the form of judgment. Judgment he defines as the 
faculty of subsumption under rules. And this definition would 
seem to amount to making judgment roughly equivalent to what 
Russell calls assertion. The equivalence is only rough, because 
Kant's definition of judgment carried with it a special reference to 
the Aristotelian logic which is absent from the notion of assertion. 
With this difference, which from our point of view is not essential, 
we may say that the Kantian individual judgment as distinguished 
from the general faculty of judgment, will coincide with the propo- 
sition as understood by Russell. It will be the unit of assertion and 
of experience. Thus it would appear that we may interpret the 
contention of the Analytic of Judgment as being that all proposi- 
tions have the properties ab c . . . . And the question at once arises 
as to whether we have here an illegitimate totality. 

It is olear that if we accept this formulation of the import of 
the Analytic of Judgment as it stands, we find ourselves directly 
confronted with a reflexive fallacy. But many statements whose 
original form brings them into conflict with the principle of the 
Theory of Types may be amended in such a way that they cease to 
be objectionable. We have seen that this is brought about by 
limiting the application of our Universal assertion to a determinate 
type of entities ; and thus our question is whether it is possible to 
impose such a limitation upon Kant's assertion that all propositions 
have the properties a b c ... . To arrive at a decision it will be 

i American Journal of Mathematics: vol. 30, p. 224. 
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necessary to ask what is the general nature of the properties which 
Kant ascribes to all propositions. 

We find that an enumeration of these properties is arrived at in 
the schematism of the categories, which itself is directly derived from 
the Analytic of Conceptions. The schemata purport to be the con- 
ditions under which the understanding can take up the perceptual 
manifold and form the synthetic judgments which are characteristic 
of all experience. The formulation of such rules is the peculiar 
task of what Kant calls the transcendental, as opposed to general 
or formal logic. We are told that general logic, even though it 
offers us a list of predicables, is unable of itself directly to give us 
rules for the operation of judgment, for the reason that it is formal 
in the sense of abstracting from all content of knowledge. General 
logic however is important as providing us with a guiding thread 
for the deduction of the categories, serving thus as a basis for tran- 
scendental logic. The distinctive features of this transcendental 
logic are a metaphysical deduction designed to show that the cate- 
gories are a priori on the ground that they correspond to the general 
logical functions of thought as enumerated by formal logic, and also 
a transcendental deduction designed to show that they are condi- 
tions for the possibility of experience, which according to Kant 
must be at once a priori and a posteriori. Both these points are of 
great importance in making an estimate of the logical significance 
of this system of philosophy. For the moment we are concerned 
only with the transcendental deduction. This essentially consists 
in pointing out that the categories are the rules or conditions under 
which the original synthetic unity of apperception, the "I think" 
which must accompany all our ideas, can and must function in ex- 
perience. In other words we have here a set of conditions for or 
expressions of what Bosanquet would call the standing affirmative 
judgment of the waking consciousness. Thus we see that the list 
of categories is for Kant an exhibition of the entire field of knowl- 
edge as such. Kant in effect asserts that knowledge, or as Bosanquet 
would prefer to say, consciousness, actually consists on its formal 
side as opposed to its material side, of a mechanism which is de- 
cribed in the doctrine of the categories. 

This at once enables us to find the required interpretation of the 
assertion that all propositions have the properties a b c . . . . For 
these properties, which are exhibited in their final transformation 
and determination in the schematism, now appear as properties of 
knowledge in general. Thus when Kant in effect asserts that all 
propositions have the properties a b c ... he is asserting that all 
propositions have the properties of knowledge as worked out in the 
Transcendental Deduction and the Schematization of the Categories. 
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Now it is clear that this makes it quite impossible to impose any such 
limitation upon the notion of all propositions as the Theory of Types 
would demand. We can not now interpret the assertion as being 
to the effect that all propositions of type n have the properties 
a b c . . . . For we are now dealing with knowledge in general or 
knowledge as such, that is with all propositions without any restric- 
tion. And so it would appear that the central theory of the Critique 
of Pure Eeason is based upon a reflexive fallacy. 

There are various objections to this criticism, which we may now 
consider. First it may be said that since the Theory of Types is 
nothing but a highly special logical expedient, it can not be the 
basis for a general objection to a position such as that of Kant. 
Second, and more generally, it may be said that since the Theory of 
Types is purely formal in character, it possesses at most only an 
indirect epistemological significance. This second objection will be 
examined (a) with special reference to Kant himself, (b) with 
reference to later Idealism. 

With regard to the first point, it has already been seen that the 
Theory of Types was elaborated as a basis for mathematical logic in 
order to avoid certain breaches of the principle of contradiction 
which are exemplified in the vicious circle paradoxes. But this is 
very far from foreclosing the supposition that it might be possible 
to find various other expedients which would give us the same result. 
Whether these would be so convenient in practise, or so consonant 
with common sense, is a matter which is of no importance for the 
present discussion. The point is that the paradoxes could be re- 
solved by methods other than that of the Theory of Types. Thus, 
for example, it might even be possible to deal with the problem by 
working with a set of postulates for logic which would involve a 
limitation or denial of the principle of contradiction, though this 
would be an extreme case. And it might be argued that if we admit 
that the Theory of Types is not a sine qua non for formal logic, we 
are not justified in criticizing the Kantian Philosophy on the ground 
that it offends against the fundamental principle of that theory. 
For it may be said that it is absurd to demand that a general system 
of philosophy shall stand or fall by its consonance with a theory 
which is not indispensable even in its own sphere. But the imme- 
diate reply is that even though we may substitute something else 
for the Theory of Types, this is very far from dissipating the prob- 
lem which is presented by the vicious circle paradoxes. Naturally 
if we adopt some other basis for mathematical logic the solution of 
the paradoxes will undergo various appropriate transformations. 
But the problem which they exemplify will certainly not cease to 
exist, and will still have to be considered. And the logical difficulty 
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which the Theory of Types exhibits in the Kantian Philosophy, 
though it will be expressed in different terms, will nevertheless still 
remain. 

We now come to our second point, for it may be said that in any 
case purely formal considerations, however important in their own 
sphere, can have no more than an indirect significance for the theory 
of knowledge, and that this constitutes a rebuttal of our criticism. 

(a) With regard to Kant himself this is certainly not the case. 
It has already been remarked in effect that the Metaphysical Deduc- 
tion is an essential moment in the Kantian Philosophy. Now the 
Metaphysical Deduction is an explicit postulation of the identity 
of the formal and the a priori. And the Transcendental Deduction 
takes the matter up at this point, and shows that the a priori is nec- 
essary for all experience. Experience for Kant is always a union 
of the a priori with the a posteriori, and is always exemplified in 
judgments which are at once analytic and synthetic. Thus the 
Kantian thesis amounts to the attribution of certain formal prop- 
erties to all experience. Clearly this statement itself either possesses 
some formal character or it does not. If it does not, it is simply 
not a matter of possible experience in the Kantian sense. And this 
could only mean that it is a sort of direct mystical intuition, when 
it constitutes a direct and immediate contravention of Kant's own 
leading thesis. If it does possess a formal character, then it involves 
a formal reflexive fallacy. Thus it would seem that the only way of 
escaping from the admission that it comes within the scope of the 
Theory of Types as part of a formal science, to criticize such a posi- 
tion as that of Kant, is to say that Kant himself transgresses his 
own central principle in its very enunciation. 

(b) With regard to modern Idealism, or more specifically, Eng- 
lish Idealism, the case seems at first sight somewhat different. Here 
we find a strong reaction against the technical mechanism of Kant. 
And it must be admitted that by this means the school in question 
has been able to do away with a number of obvious difficulties which 
have been found in the Critique of Pure Reason. For instance, it is 
relieved of the impossible task of formulating an adequate list of 
predicables. And in general the whole system becomes much more 
elastic and manageable. But this is not enough to save it from the 
reproach of moving in a vicious circle. While a logical theory such 
as that of Bosanquet or Bradley largely amounts on the negative 
side to a protest against pure formal logic, it by no means abandons 
all the formal side of experience. Indeed, it explicitly refuses to 
take refuge in intuitionism. Instead of giving up the concepts of 
formal logic, it retains and seeks to interpret them. Thus it would 
seem to be open to the same objections as were urged against Kant. 
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For here too we find the same type of universal assertion to which 
exception is taken. When we find Bosanquet agreeing with Schopen- 
hauer that "the world is my idea," defining judgment as the at- 
tribution of a content to reality, regarded as an intellectual con- 
struct, or saying that the world is in the mind rather than the mind 
in the world, we are in the presence of philosophy which distinctly 
involves assertions about all knowledge or all propositions. We see 
the same thing in the hysteron proteron argument with which T. H. 
Green opens the Prolegomena to Ethics, which is highly character- 
istic of this school, and which once more commits philosophy to 
assertions about the whole of knowledge. And since this philosophy 
at the same time insists upon the formal, or better the discursive 
character of all experience, we have vicious circle fallacies appear- 
ing at the very center of the system, which in spite of their formal 
character can not be ignored, because the system itself necessarily 
has its formal aspect. 

In summing up, it is clear that this criticism has more than a 
merely historical interest. Many elements in the Kantian discus- 
sions have passed into the common stock of philosophical ideas, and 
the influence of the Critical Philosophy, whether direct or indirect, 
is apparent in almost all later speculation. Thus any far-reaching 
criticism of Kant is of high systematic interest, and without taking 
the matter up in detail it may be noted that three important points 
arise immediately from what has been said. First the Critical 
Philosophy, with its notion of a whole of analytic-synthetic experi- 
ence, is based upon a reflexive fallacy from which there is no 
escape. Second, the only philosophy which can speak of the whole 
of experience without such a contradiction being created is that 
philosophy which abandons the entire notion of a logical element in 
all valid knowledge, that is to say, pure Intuitionalism. And third, 
this logical difficulty is not encountered by Phenomenology, which 
can and presumably must limit itself to the inspection of various 
types or species of experience in detail. What the issue of this last 
adventure will be, only the event can decide. 

Union Theological Seminary. James L. MuRSELL. 
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